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Extended Abstract

Introduction

A metric space (X, d) is pointed if it carries a distinguished element or base point e. Let (X, dx) and
(Y, dy ) be metric spaces. Amap f : X — Y is Lipschitz if

L(f) = sup M < 00. (0.1)

rx'eX dx (l’, x/)
oA’

Suppose that (X, d) is a compact pointed metric space. The collection of all Lipschitz functions f : X —
C with f(e) = 0 is called Lipschitz space and is denoted by Lipy(X). The usual norm on Lipy(X) is
defined by (0.1) which gives a Banach space. The little Lipschitz space, lipy(X), is the closed subspace

of Lipy(X) consists of all functions f : X — C such that

_ /

) — )

=0.
d(z,x")—0 d(l‘, l'/)

We say that lip, (X') separates the points of X uniformly if there exists a constant ¢ > 1 such that for
every z,y € X, some f € lipy(X) satisfies L(f) < cand |f(z) — f(y)| = d(z,y). In the general case,
it is possible that lip,(X') does not separate points of X uniformly. For each constant 0 < o < 1 and
metric space (X, d), we denote by X the same set together with the metric d* and call it Holder metric
space. The Holder space, lip,(X“) separates the points of X uniformly.

Let (X, d) be a metric space. A molecule of X is a functionm : X — C which is supported on a finite
set and which satisfies )y m(z) = 0. For 2,y € X define the molecule m., by mzy, = x, — X,

We denote the set of molecules on X by ae(X) and give it the norm

||m”AE inf {Z |al’d xuyz : Zazmxzyl}

and we let AE(X) be the completion of the space of molecules on X.
We examine the condition on the underlying metric space (X, d) which implies that lip,(X%)* =
L' (1) for some measure ;2 on X. Then we conclude that the space of Holder functions on every compact

pointed space is not predual of L!(1).

Conclusion
In this paper, the next theorem and corollary are presented:

Theorem 0.1. Let (X, d) be a compact pointed metric space. The little Lipschitz space, lipy(X) is predual
of L' () and (x o) Mae is an extreme point of the closed unit ball of lipy(X)* for all x € X \ {e} if and
only if for each x,y € X, d(x,y) = d(x, e) + d(e,y).

Corollary 0.2. The space of Holder functions on a compact pointed metric space with at least two distinct
points of base point is not predual of L.
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