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Extended Abstract

Orlicz spaces, as a very important generalization of Lebesgue spaces, were proposed more than 100 years
ago and were first introduced by Z. W. Birnbaum and W. Orlicz. After that, another generalization of
Lebesgue spaces with symbols X7 instead of LP was introduced in which X is a Banach function space.
In this article, another generalization of Lebesgue spaces is investigated, which includes both previous
generalizations. Although this generalization and preliminary studies of it were published in a scientific
report in 1988, effective research on this generalization was done 15 years ago. Due to the fact that in this
generalization a convex and Young function @ is placed instead of function | - |” and a Banach function
space X is placed instead of space L', in this article, taking into account the conditions of the function

® we will check properties of generalized Orlicz space X ®. More precisely, if we put

Mo ={f:Q— [—o0,+00] : fis u — measurable},

X‘i):{fEMo:Ela>0,®(E|) € X},
S‘p—{feX‘I’:Va>O,<I>(£‘) € X},
S®* = {f € X?: fisastep function},

M@ :‘971)“”@’

considering the conditions on the function ®, we examine the relationship between the above spaces.
Generalized Orlich spaces X ® associated with a functional Banach space like X, considering properties
such as solidity of X, have important and well-known properties in Orlicz spaces and Lebesgue spaces.
By using these properties, many results can be obtained in these spaces. Considering that an Orlicz
space is generalized by X ® and by replacing the space L' with Banach function space X, we can reach
new Banach spaces by placing different spaces in place X. Studying these spaces and examining their
properties, such as conditions of being algebra, the existence of a bounded approximate identity element,

spaceability, and many other cases can be done in the continuation of this research.
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